The Kumar model as a molecular model has achieved successful application. However, only 22 reactions limit its veracity and adaptability for feedstocks. A series of models with different degrees of integration of the free radical model and the molecular model has been proposed to enhance feedstock adaptability and simulation accuracy. An improved search engine algorithm, namely Improved PageRank (IPR), is provided and applied to calculate the importance of substances in Kumar model to screen the free-radical reaction network for efficient model selection. A methodology of optimal structure and model parameters chosen is applied to the target to improve the adaptability of the material and the accuracy of the model. Then, two cases with different feedstocks are demonstrated with industrial data to verify the correctness of the proposed approach and its wide feedstock adaptability. The proposed model demonstrates good performance: (1) The mean relative errors (MRE) of the K-R (Kumar and free-radical) model have reached an order of magnitude less than 0.1% compared with 5% in the Kumar model. Further, (2) the K-R model can be implemented to model some feedstocks which Kumar model can't simulate successfully. The K-R model can be applied in simulation of extensive feedstocks with high accuracy.
Introduction
Ethylene is an important olefinic hydrocarbon in the petrochemical industry, while pyrolysis is the major available industrial process exists for the production of olefins yet although some research has been performed on catalytic cracking for the production of such materials [1] [2] [3] [4] [5] [6] [7] . Traditionally, the feedstock used is petroleum fraction, although some reports say biomass fuel have been used to produce such materials, the industrialization is limited [8] [9] [10] [11] [12] . The modern ethylene plant usually has a yield of billions of pounds (about million tons) per year, in which even a trace of deviation in simulation may have significant influence on the economy and environment [13, 14] . So, an accurate model is always welcomed. The work of modeling a furnace can be mainly divided into several parts [15] , the reaction modeling, the reactor modeling [16, 17] , the burner modeling [18] and the coking modeling [19, 20] , of which the reaction model is the more central part. In this work, the assumption of a clean tube is adopted. For the modeling of the reactor and burner, a one-dimensional reactor model was used with the model and parameters obtained from previous research in our lab [21] . There are two kinds of reaction model: one is the empirical model and the other is the mechanism model. The empirical model contains the statistical response surface methodology [22] and sensitivity equation [23] , lumping method with parameters estimation [24] , and the artificial intelligence model [25] . The details of the adopted free-radical reaction network is showed in Table 2 .
In Table 2 , The "*" after the substance means it is free radical. The substances involved in the Kumar model are shown in Table 3 . Table 2 . Free-radical network and its parameters [49] . To enrich the whole secondary reaction network is also not efficacious because: (1) The difficulty and computation cost in building a free-radical network is due to the exponential growth with the amount of carbon [32, 50] . (2) Most reactions of heavy components are calculated in the first-order reaction whereby a large-scale free-radical network linked with heavy components reactions network may result in double counting, which may increase the error of the whole K-R model. (3) Ethylene factory now mainly focus on the product yield of high value-added hydrocarbon of which the carbon number is less than or equal to 4.
For the complementing free-radical network, the following must be taken into consideration:
(1). Reactions of heavier reactant still have great influence on reactions among the lighter ones. (2) . Double counting with the Kumar model must be avoided.
Processes 2020, 8, 91 5 of 23 (3) . The reactions of reactants of the same carbon number coupled with each other greatly.
So, the whole free-radical reaction network will be retained completely. Only the output of the free-radical reaction network should be screened together with the modification in the Kumar model to avoid double counting.
The details of the Kumar reaction network are shown in Table 1 [28].
The Basic Framework of K-R Model and K-R Structure
The K-R model contains two parts mainly. The first one is a modified Kumar model. Its first-order reaction is completely retained, and the other reactions are pruned. The other one is a free-radical reaction network with the reactions complete and its output partly retains. The modification of Kumar model and the output of the free-radical network is decided by a structural parameter S p which means substances of how many C elements will be screened for enriching. The framework and mathematical relations are presented in Figure 1 .
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(3). The reactions of reactants of the same carbon number coupled with each other greatly.
The K-R model contains two parts mainly. The first one is a modified Kumar model. Its firstorder reaction is completely retained, and the other reactions are pruned. The other one is a freeradical reaction network with the reactions complete and its output partly retains. The modification of Kumar model and the output of the free-radical network is decided by a structural parameter Sp which means substances of how many C elements will be screened for enriching. The framework and mathematical relations are presented in Figure 1 . The L means the length of the tube. The ' ' means the length of the infinitesimal part and it should be In Figure 1 , each part means an infinitesimal part of the tube. Start from I = 0 and end at I = L l . The L means the length of the tube. The 'l' means the length of the infinitesimal part and it should be as small as possible (0.01 m in this research). For the first infinitesimal part, the input is the composition of feedstock. It is presented by a vector quantity (19 × 1) of which the congruent relationship is shown in Table 3 . The temperature T i and pressure P i are calculated based on one-dimensional reactor model. and → f kr (i + 1). Once the reactions have reach the end (I = L l ), f kr ( L l + 1) will be exported as the product yield. The → f r and → f kr mentioned above are all vector quantities (19 × 1) which can be refer to Table 3 . fkr ( +1) will be exported as the product yield. The ⃗ and ⃗ mentioned above are all vector quantities (19 × 1) which can be refer to Table 3 . With respect to the reaction model, it has four types corresponding to different Sp values. The Sp value means the carbon number of heaviest substances been screened for enriching. They are showed in Figure 2 . Sp can be 1, 2, 3 and 4 of which the reason is that in the Kumar model only reactions among light constituents are discussed emphatically.
The output of the first part is
The details of the enriched structure for Sp = 1 to 4 is demonstrated in Figure 2 .
In Figure 2 , the main differences with different Sp values are calculations of the output of the modified Kumar model (ı − 1) ⃗ and the output of free-radical approach ( ) ⃗ . They are also 19 × 1, which can be refer to Table 3 . Take Sp = 4 for example, due to substances which lighter than C4 + will be calculated by free-radical approach, the modified Kumar model only calculate the residual substance as naphtha, C4 + , B, T, EB, ST. The reactions should also be modified to avoid double counting which, will be explained in Section "Modification of Kumar Model". The methodology of how to decide on the optimal Sp value is shown in Section 3.
In each sub-graph, the functional relationships in Figure 2 are presented below, it is an element of the loop iteration process showed in Figure 1 . For (I − 1), the infinitesimal part, its input is ( − 1) ⃗ , ( − 1) ⃗ and its output is (ı) ⃗ and (ı) ⃗ . The (ı) ⃗ means at (i -1)th infinitesimal part, With respect to the reaction model, it has four types corresponding to different S p values. The S p value means the carbon number of heaviest substances been screened for enriching. They are showed in Figure 2 . S p can be 1, 2, 3 and 4 of which the reason is that in the Kumar model only reactions among light constituents are discussed emphatically.
The details of the enriched structure for S p = 1 to 4 is demonstrated in Figure 2 .
In Figure 2 , the main differences with different S p values are calculations of the output of the modified Kumar model → f k (i − 1) and the output of free-radical approach → f r (i). They are also 19 × 1, which can be refer to Table 3 . Take S p = 4 for example, due to substances which lighter than C 4 + will be calculated by free-radical approach, the modified Kumar model only calculate the residual substance as naphtha, C4 + , B, T, EB, ST. The reactions should also be modified to avoid double counting which, will be explained in Section "Modification of Kumar Model". The methodology of how to decide on the optimal S p value is shown in Section 3.
In each sub-graph, the functional relationships in Figure 2 are presented below, it is an element of the loop iteration process showed in Figure 1 . For (I − 1), the infinitesimal part, its input is
f kr (i) means at (i − 1)th infinitesimal part, the content of different substances listed in Table 3 . Its initial value is feedstock. → f kr is a vector quantity of 19 × 1. The K-R model contains three part mainly:
(1). The first-order reaction.
(2). The modified secondary reactions (3) . The supplied free-radical reaction network For the first-order reaction, it is same with the NO.1 reaction in Kumar model in Table 1 . The result of (1) and (2) is represented as
is also a vector quantity of 19 × 1 (refer to Table 3 ) and is concerned with S p value.
The result of Equation (3), → f r (also 19 × 1), means the changes of contents calculated by the free-radical approach listed in Table 2 . Simulation of reactions obey the law of Arrhenius.
For the modified Kumar model,
where function ϕ k refers to the modified Kumar model which is pruned from Table 1 with the approach presented in Section "Modification of Kumar Model" (change with S p value). Briefly, it is a Kumar model in which some reactions has been removed or modified with S p value. The
is the substances variation calculated by the modified Kumar model. The i is the number of infinitesimal parts which have been introduced above.
For the supplied free-radical reaction network,
where ϕ r refer to the free-radical reaction network listed in Table 2 . The
is the content of free radicals of which the initial value is 0 and changes with the iteration. Its dimensionality equal to the amount of free-radicals listed in Table 2 . → f r (i) is the result of the free-radical approach, which is 19 × 1. This is influenced by the S p value, which refers to Table 4 . The three outputs are summarized together to be → f kr (i) (19 × 1).
Modification of Kumar Model
Before enriching the Kumar model with the free-radical approach, the Kumar model must be pruned in order to avoid double counting. So, the scope of enriched reactions must be screened first.
For the reasons:
(1). The reactions of reactants of the same carbon number coupled with each other greatly.
(2). The substances of ethylene (C 2 H 4 ) and propylene (C 3 H 6 ) are desired final products, which must be calculated by the free-radical approach.
The S p value and the scope of substances enriched are shown in Table 4 . The methodology of obtaining the optimal S p value is introduced in Section 3. The secondary reactions of the Kumar model should be pruned in three conditions: (1) . Remove: when all the reactants belong to the scope (2). Partly Retain: Some of the reactant of the reactions belong to the scope (3). Retain: All the reactant are out of the scope Notice that, for the partly retained reactions, the reaction rate should be computed as they are not removed.
Optimal Modeling of K-R Model
The optimal modeling of K-R model contains 2 parts:(1) The structural optimization in order to decide the scope of the enriched reactions and (2) the parameter optimization in which the initial selectivity of the first order reaction are optimized [21] . The I s value is stoichiometric numbers in the first-order reaction in Kumar model. There are 10 I s of which the initial numbers are acquired by sensitivity analysis. The initial values are calculated by sensitivity analysis illustrated in the paper of Kumar [29] . The target of two parts are both lowest error. I s (1) refer to stoichiometric number of H 2 in the first-order reaction of which the initial value is 0.58. I s (2) 
f kr, , and ϕ r will change accordingly. The optimization of the structure is screening the reactions been enriched essentially. A parameter S p is then introduced as the representation of the structure of the model. If the S p becomes large, the scope of substance been calculated by the free radical network will be larger, and the scope calculated by the residual Kumar model will be smaller. Also, the model will be more complex and precise. That is to say, the problem must be considered in both two ways: The first is the reactions be enriched should cover important part of Kumar model (minimal S p value). The second is the structure must be the most suitable one in modeling of thermal cracking furnace, precise enough but not over complex (optimal S p value). In another way, the optimal S p is a compromise of the veracity and complexity of the model.
Due to the characteristics of the free-radical reaction network listed in Section 2.1, the scope of reactions enriched should be discretization by their carbon numbers. In this way, the robustness is also improved. The structure parameter S p is then defined as the carbon number of the heaviest substance been enriched in K-R model. It also decides the output of the free-radical network. Table 4 indicates how S p value decides the structure of K-R model. The maximal S p value is 4 for the reason that, in Table 3 , the carbon number of the main substances are below or under 4. It is also the scope of high value-added products which are focus by plants.
Ordinary, the value-added substance like ethylene (C 2 H 4 ) and propylene (C 3 H 6 ) are desired final products. So for each S p value, calculation of substance C 2 H 4 and C 3 H 6 should be executed by free-radical approach. The methodology of finding minimal S p value and optimal value is showed in Section 3.1
After optimizing the structure, the parameters of the K-R model should be optimized. The process involves adjusting the stoichiometric number of first-order reactions to improve accuracy. A fast method called SQP (Sequential Quadratic Programming) can be employed to search the optimal parameters. Also, the adaptability of feedstock are expected to be better for K-R model enriched the secondary reactions of free-radical approach. Parameter optimization is a common method to improve the adaptability and accuracy of models [51] .
The modeling progress is presented in Figure 3 . 
Structure Optimization of K-R Model
In the first part of structure optimization, in order to acquire the minimum Sp value, the importance of substances mentioned in the Kumar model (Table 3 ) should be calculated. So, a common Kumar model is established first. Then, an improved search engineering algorithm Improved PageRank (IPR) is employed to calculate importance of mentioned substances ( Table 3 ). The IPR algorithm need time-depend temperature and pressure, so the length-depend data are transferred into time-depend ones. A criterion is set to ensure the Sp value covers important parts of the reaction network. After that, an MRE calculation is carried out to find the optimal Sp value. Actually, this step traverses every possible Sp value to find the structure of the minimum product yield error.
Minimum Scope Screened Out Via IPR Algorithm
It has been mentioned in the preceding paragraph that the reactions must be screened to determine the enriched reactions. In another word, the Sp value must be determined. To decide the Sp value, firstly, its minimum must be determined. The minimum value must ensure the free-radical network enriched the major part of Kumar model. Zhou Fang [35, 52] presented a specialized PR algorithm to calculate the importance of substance in the free-radical network. However, the algorithm has obvious shortcomings:
(1). The original PR algorithm keeps calculating until the values converge, which means reaction equilibration [53] . However, in a thermal cracking furnace, the reactions stop before equilibration to maximize the yield of ethylene. (2). Zhou's PR algorithm uses the time average reaction rate to calculate the shift matrix. However, a time-dependent shift matrix may be more accurate.
Based on the above consideration, we provide an IPR algorithm to calculate the importance of substance.
Step 1: Set the initial vector quantity (19 × 1) 
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where IP 0 is the initial vector, which is 19 × 1 when referring to the Kumar model. IP 0,j indicates the initial value of substance 'j', where 'j' refers to Table 3 . C j indicates the mass fraction of a molecule of substance 'j'.
Step 1: can be comprehended as normalization.
Step 2: Calculate the shift matrix M at time 't m ' For a reaction network that contains reactions from R 1 to R R (in Kumar, R 1 to R 19 ), suppose the reaction rate of reaction R r at time m is k rm with the Arrhenius equation (Equation (14)), and it has the reactant S reactant and resultant S resultant . The stoichiometric number of reaction r regarding reactant and resultant are α r,reactant and α r,resultant respectively. For shift matrix M for reaction r:
where both k r and shift matrix M m are time-dependent variables. The shift matrix is 19 × 19 matrix for the Kumar model. For the whole reaction network,
In The process of generating the shift matrix M can be described as Figure 4 . where is the initial vector, which is 19 × 1 when referring to the Kumar model. IP0,j indicates the initial value of substance 'j', where 'j' refers to Table 3 .
indicates the mass fraction of a molecule of substance 'j'.
Step 1 can be comprehended as normalization.
Step 2: Calculate the shift matrix M at time 'tm' For a reaction network that contains reactions from R1 to RR (in Kumar, R1 to R19), suppose the reaction rate of reaction Rr at time m is krm with the Arrhenius equation (Equation (14) The process of generating the shift matrix M can be described as Figure 4 . The Kumar model only gives the profile of length-dependent temperature Ti, pressure Pi, and the flow speed vi. The reason for this is that, for a specific furnace, the length of the tube is fixed. The data should be transformed as follows:
Ti = Ψ(i) The Kumar model only gives the profile of length-dependent temperature T i , pressure P i , and the flow speed v i . The reason for this is that, for a specific furnace, the length of the tube is fixed. The data should be transformed as follows:
where P i is pressure in length 'i', Φ is the functional relationship between the length and the pressure. Ψ is the functional relationship between the length and temperature. Γ is the functional relationship between the length and flow speed. 'i' is the length variable which describes the length of the tube in a thermal cracking furnace (range from 0 to L l ). These relationships are all discrete. With the length-dependent flow speed, the time ∆T i used between l i to l i+1 can be calculated as Equations (10) and (11) .
where l is the length of the infinitesimal part, while t δ is the time costed between the 0th and δ the infinitesimal parts. In this way, the pressure P t δ and temperature T t δ at time t δ can be obtained. Formulas (10)-(13) calculate the residual time t m at l i+1 . The pressure and temperature are then corresponded to time. By calculating along the tube, we can get the relationship between time and pressure/temperature.
The relationships given in Formulas (12) and (13) are discrete. By interpolation, we can get the complete data of time-dependent pressure P m and temperature T m (at time m, m ∈ [0, t s ], t s is the residence time). By the Arrhenius equation, the reaction rate can be obtained:
In Equation (14), k m,r means the reaction rate for reaction r at time m. E a,r is the activation energy of reaction r. T m is the temperature at time m. R is gas constant. Then, the shift matrix M m can be calculated.
Step 3: Calculate the IP value, as presented in Equation (15)
where ε is the shift factor. N is the dimension of IP m , which is 22 in Kumar model, m = 1,2, . . . , t r . The ∆t is the iterative time step (0.0001s in this study). The calculation will stop when ' m ' reaches the t r (The final result is IP tr ). The t r is the residence time. IP m (19 × 19) is the importance vector quantity which refers to Table 3 . The result of the calculation → IP tr means the importance of substance i. For different S p values, it can give the fraction of coverage for each structure. The correspondence between structure parameters and substances is listed in Table 4 . A threshold value TV is need to measure the fraction of coverage. If TV become larger, the scope of reactions been enriched gets larger. Then, the model will be more complex and accurate. Otherwise, the model will be more simple and rough. In consideration of computing complexity, the TV should be no less than 80%. Then the maximum S p value is decided. Experiments will be carried out to get the optimal S p value for minimum error.
where IV sp = i means the important value calculated for each S p value. Whether IP tr,j (importance of substance j) should be summarized into IV SP= j can be found in Table 4 .
Formula (17) shows the criterion of minimum value of S p value. The approach is presented in Figure 5 .
and rough. In consideration of computing complexity, the TV should be no less than 80%. Then the maximum Sp value is decided. Experiments will be carried out to get the optimal Sp value for minimum error.
where IVsp = i means the important value calculated for each Sp value. Whether , (importance of substance j) should be summarized into IV can be found in Table 4 .
IV ≥ (17) Formula (17) shows the criterion of minimum value of Sp value. The approach is presented in Figure 5 . 
Optimal Scope of Enriched Reactions Based on MRE Analysis
An index is introduced to measure to performance of the K-R model for finding maximum scope.
where K industry,j is the productive rate of substance j from industry data. While ϕ kr ( l L , → Is) j Sp=k is the model predicted yield. It had been mentioned above that the results ϕ kr ( l L ) change with → Is and in this part → Is is seen as a variable, t r means the residence time with is fixed. S p value is also fixed in this part. Not all the products are taken into consideration and the amount of substances been considered can be assigned as NM. In this case, substance which numbers as j = 2, 3, 4, 5, 6, 9, 10 are considered. So the NM = 7. Only the product yield which is larger than 1% (mass fraction) is taken into consideration. That is because, small error from low yield product may influence the final MRE greatly for MRE values the relative error.
So, the problem of parameter optimization is now adjusting the → Is value to achieve minimum MRE value in conditions of different kinds of feedstock.
Parameters Optimizing
The model-fitting methods which are exercised till date for evaluating the optimum overall pyrolysis kinetics parameters usually apply traditional gradient base optimization techniques but associated with major drawback of attaining global optimum due to uncertainties in selection of initial guess [54] , while the artificial approach usually consumes more time.
When studying the Kumar model, predecessors have focused on optimizing the coefficients of the first-order reaction of the Kumar model to improve precision and model adaptability to a variety of raw materials. In this way, the error in reactor modeling, the error in reaction network parameters, and the problem of reconstruction of raw materials based on commercial data can be solved at the same time. For the reason that the structure of K-R model is based on the Kumar model, the method can also be employed for the K-R model.
In previous study [21] , the problem of first-order reaction can't be well solved by conventional optimization algorithm. The slow and complex optimization algorithm has to be employed to avoid falling into local optimal value. Even so, to some raw material, the algorithms still can't get a good result. This is mainly because the Kumar model itself is a molecular model. It cannot completely reflect the essence of cracking reactions. The K-R model enriched the Kumar model with free-radical reactions, which can be expected to solve the problem listed.
The optimization problem can be described as follows: where MRE is the optimal object function which can be calculated with Formula (18) . Its physical meaning is the mean relative error between the model yield and the industry data. Formula (19-1) means the carbon balances, u is 1 to 10 refer to 10 initial selectivity. This has been illustrated in Section 3.
C u is the carbon number of the substancesu. H s is the hydrogen number of the substancesu. Formula (19-2) means the hydrogen balance. C u and H u mean the carbon and hydrogen corresponding to each → Is in the first order reaction in Kumar model. C C and C H mean the constant corresponding to carbon and hydrogen. Formula (19-3) means all the → Is are non-negative. The optimization results are not only dependent on the optimization algorithm, but also correlated with the model itself. The optimization algorithm used in the Kumar model is too complex for the purpose of avoiding local optimum. A fast and simple algorithm may work well with the new K-R model. Moreover, the problem of modeling some raw material can be solved using the K-R. The SQP method is the canonical algorithm for the general smooth curve optimization problem. Due to the application of derivative information, it has fast convergence speed and good robustness. It is widely used in chemical simulated calculation in the past few years [55, 56] . The algorithm was first proposed by Wilson in 1963 and was improved by Han S.P. [57] and Powell [56] in 1970s.
Case Study

Case Backgrounds and Conditions
Before building the K-R model, a Kumar model optimized by an error correction chaos algorithm [30] was built on different kinds of naphtha pyrolysis in a SL-1 furnace. Compared with other intelligent optimization algorithms (such as GA, Genetic algorithm), chaos algorithm mainly adjusts step size and optimization direction based on chaos set to avoid falling into the optimal neighborhood. By doing so, the IPR algorithm can be used to analyze the Kumar model.
The operation conditions and structural conditions of the furnace are listed as Table 5 . The character parameters for the nine naphtha used are presented in Table 6 . 
Structure Optimization of K-R Model
Screening the Minimum S p Value of K-R Model by IPR Algorithm
The scope of enriched reactions is represented as S p value. As mentioned in Section 3, the IV SP=k values of each S p value should be calculated via the IPR algorithm to determine the minimal S p value.
Firstly, the length-dependent pressure P i and temperature T i derived in the Kumar model are transferred into time-dependent pressure P m and temperature T m as the preparation for IPR calculation, which is presented in Formulas (7)- (14) .
The improved PR algorithm is then carried out to calculate the importance of substance mentioned in the Kumar reaction network with Formula (15) . The result of the calculation → IP tr value is listed in Table 7 . During the process of modeling all nine naphtha with Kumar model optimized by an error correction chaos algorithm [21] , naphtha (1) to (3) are strikingly different from naphtha (4) to (9) . The MRE after optimization is less than 0.1% in naphtha (1) to (3) compared with which in naphtha (4) to (9) . So, typically feedstock naphthas (1) and (4) are adopted as analysis objects. The results of → IP tr are shown in Tables 7 and 8. The importance of substances in the reaction network shows that the ethylene importance of these two naphtha is higher than that of all substances, and the importance of propylene is higher than that of all substances with a carbon atom number of 3, which is consistent with the experience in actual production whereby ethylene and propylene are the two most important products. At the same time, the biggest difference between the two materials is C 4+ , which is the weakness of Kumar model.
After calculating the importance of each substance, for each S p s, the IV SP=k can be summarized as Formula (16) . The result is presented in Figure 6 . The approach is illustrated in Section 3.1.
in actual production whereby ethylene and propylene are the two most important products. At the same time, the biggest difference between the two materials is C4+, which is the weakness of Kumar model.
After calculating the importance of each substance, for each Sps, the can be summarized as Formula (16) . The result is presented in Figure 6 . The approach is illustrated in Section 3.1. From Figure 6 and Tables 7 and 8 , we can see the scope of Sp ≥ 3 has covered the major part of the Kumar model with the criterion listed in Formula (17) . (As the result of our experience the threshold value TV is set as 80%). So, the minimal scope is Sp ≥ 3. (3 ≤ Sp ≤ 4) to ensure that the important (ethylene, propylene) and primary reactions are enhanced.
Parameter Optimization on the Basis of MRE Analysis
When trying to find optimal Sp value, experiments of different Sp values are carried out and assessed with MRE value. MREs for each Sp value are calculated with the Formula (18) and the results are presented in Figure 7 . From Figure 6 and Tables 7 and 8 , we can see the scope of S p ≥ 3 has covered the major part of the Kumar model with the criterion listed in Formula (17) . (As the result of our experience the threshold value TV is set as 80%). So, the minimal scope is S p ≥ 3. (3 ≤ Sp ≤ 4) to ensure that the important (ethylene, propylene) and primary reactions are enhanced.
When trying to find optimal S p value, experiments of different S p values are carried out and assessed with MRE value. MREs for each S p value are calculated with the Formula (18) and the results are presented in Figure 7 .
From Figure 7 we can see, the K-R model with S p = 3 performs the best. For naphtha (1) , the error of ethylene and propylene get larger appreciably when S p changes from 3 to 4, but the error of the other product has a dramatic increase when S p changes from 3 to 4. For naphtha (2) , although the error of products in S p = 3 and Sp-4 are nearly the same, the error of ethylene and propylene get large rapidly which is unacceptable in ethylene industry. The reason why naphthas (1) and (2) are chosen is that during the research of Kumar model, we found that naphthas (1) and (2) are two typical feedstocks. For both of them, the optimal S p value is 3.
When the optimal S p value is determined, the structure of K-R model is fixed. Modeling of two naphtha cracked in SL-1 furnace compared with the original Kumar model are presented in Tables 6  and 9 .
The results from Tables 9 and 10 present that the performance of K-R model is better regarding different kinds of naphtha decomposition. Further, the computation time is 11.392 s (K-R) to 2.351 s (Kumar) which are acceptable. From Figure 7 we can see, the K-R model with Sp = 3 performs the best. For naphtha (1) , the error of ethylene and propylene get larger appreciably when Sp changes from 3 to 4, but the error of the other product has a dramatic increase when Sp changes from 3 to 4. For naphtha (2) , although the error of products in Sp = 3 and Sp-4 are nearly the same, the error of ethylene and propylene get large rapidly which is unacceptable in ethylene industry. The reason why naphthas (1) and (2) are chosen is that during the research of Kumar model, we found that naphthas (1) and (2) are two typical feedstocks. For both of them, the optimal Sp value is 3.
When the optimal Sp value is determined, the structure of K-R model is fixed. Modeling of two naphtha cracked in SL-1 furnace compared with the original Kumar model are presented in Tables 6  and 9 . 
Is Value
While optimizing the first-order reaction, the contrast experiments between the formal Kumar model with error correction chaos optimization method and K-R model with SQP method is done. The result of naphtha (1) is showed in Table 11 . The result of naphthas (2) and (3) are also similar. Naphtha (4)-(9) can't obtain the reasonable solution. However, with the help of the K-R model with SQP method, accurate result can be derived and an example of naphtha (4) is presented in Table 12 . Data on naphthas (4)-(9) can be found in our previous work [21] . The initial → Is value is showed in Table 13 . From Table 11 , we can see the MRE of the first naphtha is nearly the same in the two ways, but when refer to the second kind of naphtha in Table 12 , the Kumar model can't provide an accurate solution. The errors of ethylene and propylene are too large for industrial application, but the K-R model put up a good performance. This means the K-R model has a wider adaptive range of raw materials while optimizing. This is because the K-R model has enriched its important reactions with free-radical approach which is more suitable in describing the cracking.
Result Discussions
(1). In the PR calculation, the parameter ε will influence the result. When α becomes large, all important (IP j values) tend to average. When a small value is assigned to α, the result will consider more about resultant. For the case study, α = 0.0005 is adopted.
(2). While performed PR calculation in conditions of different feedstock, the → IP j value of each substance may be different, but the summarized results of each S p value are nearly the same. Results of S p = 3 and S p = 4 are all over 80%. This proved that the algorithm demonstrates robustness. At the same time, the difference in the calculation results between the two naphtha is mainly found in C4+, which is where Kumar's equation ignores. The following different modeling results confirm the necessity of enhancing this part of the reaction and the correctness of the method.
(3). In the simulation of naphtha, the optimal S p value is 3. Experiments for both of the two typical feedstock indicates that if we let S p = 4, the error of product yield will grow rapidly. The reason is that the structure of the Kumar model considers part of the reactions into the first-order reactions. (4) . During the case study, we find that there are two kinds of naphtha. They performance totally different when modeling: (5) . For the first kind of naphtha, like feedstocks (1), (2), and (3), both the K-R model and Kumar model can reach the accuracy of 0.06%, but the K-R model converges faster. The convergence rate of the K-R optimal modeling and Kumar optimal modeling are 35 min and 20 h respectively. (6) . For the second kind of naphtha, like feedstocks (4)-(9), the Kumar model can't get the reasonable result. Errors in ethylene (31%) and propylene (14%) are too large to accept. On the contrary, the K-R model still performs well. This difference is mainly due to the presence of isomeric reactants, and the lack of a description of such reactions is one of the weaknesses of Kumar's model. (7) . The K-R model relative errors are often very different from the Kumar relative errors (they also change from positive to negative and vice versa). This phenomenon is due to the equilibrium constraint between carbon and hydrogen.
The different performances can be explain by the theory of co-pyrolysis. Zhang Lijun [33] in 2011 described these kinds of phenomena between n-butane and i-butane and found that in the mixture of feedstock, if the i-butane gets more, the product yield of propylene will get larger and the one of ethylene will get smaller. The banishing of ethyl can be described by free-radical reactions, but can't be described by molecular dynamics as the secondary reactions in the Kumar model. At the same time, parameter optimization also helps the model to better solve the problem of indeterminate content of isomers in modeling.
From Table 13 , we find the error is mainly in propylene, ethylene, and propylene (error > 10%). The product yield of ethylene is undersized and that of propylene is oversized. This is the same with the phenomenon in Zhang's experiment. In this way, the conclusion can be derived that the reason for the different performance of the two models is that, in these feedstocks, the amount of i-butane is greater.
Conclusions
A series of K-R models have been developed based on the Kumar model and enriched by free-radicals. In the process of modeling, the suitable model can be selected according to the characteristics of raw materials. While determining the scope of enriched reactions, the improved PR algorithm and MRE analysis are introduced. The algorithm can also be employed as a tool for other reaction analyses. The K-R model is a reliable model which has good adaptability with feedstock.
It solved the problem of feedstock adaptability and improved the accuracy of the Kumar model. Further, it avoids reconstruction in the free-radical approach which is difficult and causes errors.
In future, the application of the K-R model in other raw material needs to be verified. Relevant sensitivity analysis experiments are also necessary. Due to the free-radical network, light feedstock like propane is supposed to fit the model, and the naphtha has been tested by experiments, but other raw materials, like HVGO, need more verification.
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Nomenclature
C 4+
Hydrocarbons containing more than four carbon atoms per molecule E
The activation energy of the reaction k 0
The The temperature at any given moment in the tube of cracking furnace P m
The pressure at any given moment in the tube of cracking furnace 
